Abstract. This paper is concerned with the oscillatory behavior of rst-order delay di erential equations of the form x 0 (t) + p(t)x( (t)) = 0; t t 0 ;
(1) where p; 2 C( t 0 ; 1);R + );R + = 0;1); (t) is non-decreasing, (t) < t for t t 0 and limt!1 (t) = 1. Let the numbers k and L be de ned by 1. Introduction The problem of establishing su cient conditions for the oscillation of all solutions of the di erential equation x 0 (t) + p(t)x( (t)) = 0; t t 0 ; (1) where the functions p; 2 C( t 0 ; 1); R + ) (here R + = 0; 1)); (t) is nondecreasing, (t) < t for t t 0 and lim t!1 (t) = The purpose of this paper is to improve the methods previously used to show that in several cases the conditions (C 2 ) and (C 4 ){(C 10 ) may be weakened to L > 2k + 2 Proof. Let : 0 < < k be any number arbitrarily close to k and T > t 0 large enough so that (t) > t 0 and R t (t) p(s)ds > for every t T. Let t T and T 1 T 1 (t) > t : (T 1 ) = t. Since p(s)ds ; t a; is decreasing for appropriate a t 0 since x(t) is also decreasing. Indeed, by Lemma 1,  x( (t)) x(t) > for all su ciently large t, and consequently 0 = x 0 (t) + p(t)x( (t)) x 0 (t) + p(t)x(t) which implies ' 0 (t) 0 for su ciently large t.
Substituting into (7), we derive for su ciently large t
and therefore
In view of (4) and since 0 < < k is arbitrarily close to k, by letting ! 1 the last inequality leads to (5) . The proof is complete. Remark 1. Assume that (t) is continuously di erentiable and that there exists > 0 such that p( (t)) 0 (t) p(t) (10) eventually for all t. Then it is easy to see that (10) 
